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EZETAZOMENO MAGHMA: MAGHMATIKA OETIKQN ZNOYAQON &

ZMOYAON OIKONOMIAS & MAHP/KHS
OEMA A

Al. Eotw pia ouvaptnon f, n omoia civalr opiopévn oe éva KAEIOTO
diaoTtnua [a, B]. Av
e n f eival ouvexng aro [a, B] kai
o f(a)=f(B).
va amodeifete OTI yia KGBe apiOud n petagu twv f(a) kai f(B) umdapxel
évag Touhdaxiatov X, € (a, B) 1étoiog, wote f(X,)=n.
Movdadeg 7

A2. Mote pwia ouvaptnon f eivar mapaywyiolun oe éva KA£10T6 d1doTnua
[a, B] Tou Tediou opiopoU TNG;
Movdadeg 4

A3. OewpnoTe TOV TTAPOAKATW IOXUPICHO:

«Ma ka8 ouvaptnon f, opiouévn, Tapaywyioiyn kal yvnoiwg avfouaa

oto R, 1oxoer f'(x)>0».

a) Na xapakTnpioeTe ToV IOXUPIOUO, ypA@ovTag oTo TETPADdIO 0AG TO

ypauua A, av gival aAn@ng, 1o ypdupa W, av cival yeudAg.

(Movada 1)

B) Na aimiohoyfoeTte TNV amdvinon 0ag OTO EPWTNHA ).
(novadeg 3)
Movadeg 4

A4. Na xapakrtnpiocere T1I¢ TPOTACEIC TTOU -akKoAoubBouv, ypdeovra¢ OTo
TeTpadié oag, OimAa oro ypduua 1TOU aVvTIOToIXEl o KGBe mpdodraon, 1
Aéén Zword, av n mporaon civar cwaortnh, n Aabog, av n mpdraon €ivai
AavBaouévn.

. 1 .
a) lim| — |=+w, yia kaBe Ve N.
X

x—0

B) Av f, g civar duo ouvaptioeig pe media opiopol A kai B,
avrtiotoixa, 167e n gof opiCetal, av f(A)NB#J.

v) H ypagiky mapdotacn tng ouvaptnong f(x) /| %], x EXEl
déova ouppeTpiag Tov Y'Y,

8) H eikéva f(A) evog diaotApatog A péow pIag ouveXoUg Kal un
oTtaBepnig ouvdprtnong eival Tavra didoTnuaA.
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€) Aivetal 611 n ouvdptnon f Tapaywyiletal oto Kal 0TI N ypaQ@Iikn

NG TapdoTtaon gival Tavw amd Tov dfova X'X. Av UTTdpXeEl KATTOI0
onpeio A(X,, f(X,)) T™g Cf, Tou oTroiou n amdéoTaon amo Tov dfova

X'X eivar péyiotn (A €AdxioTn), TOTE Ot QUTO TO ONWeEio N
epamropévn Tng C; eivari opigdvtia.

Movadeg 10
©OEMA B
AivovTal ol cuvapTNoEIG:
X+ 2
f:(l, +o) > R, pertomo f(X)= Kal
g:R—>R, peromo g(x)=¢€".
B1l. Na mpocdiopioete Tn ouvaptnon fog.
Movdadeg 5
e’ +2 : , , ,
B2. Av (fog)(x)= =1’ e X>0, va amodeiete 0TI n ouvdapTtnon fog cival
‘“1-1’ Kal va Bpeite TNV avTioTpo®n TNG.
Movadeg 8
. X+ 2 ) )
B3. Av ¢(X)=(fog)(x)=4¢n 1) ue X>1, va yeAeTAoeTe TN ouvapTtnon
(P wg TTPOG TN YovoTovia.
Movadeg 6

B4. Av @ cival n ouvdptnon tou epwTthpatog B3, va Bpebouv Ta 6pia

lim @(x)  «a lim ¢@(x) .

Xx—1r X—>+00
Movadeg 6
OEMA T
AiveTal n cuvexng ocuvapTnon
1
1— —ni, x<0
f(x)=4-"% JuE A>0 .
1T
NUX + AOUvVX, 0<x<—§—
Fl. Na amodeifete 611 A=1.
Movdadeg 5
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F2. Na amodeifete 611 opileTal £QATITOYEVN TNS YPAPIKAS TTapdoTaong Tng f
oto onueio A(0, 1), n omoia oxnuatifel pe Tov Gfova X'X ywvia ion

1L
ME —.
4
Movadeg 6
3. Na Bpeite Ta kpioiya onueia NG ouvaptnong f.
Movadeg 6

r4. ‘Eva onueio M(a, f(a)), ue o <0, kiveitar otn ypagiki mapdotaon Tng f.
O puBuoOC YeTaBoAnG TNG TETUNUEVNG Tou onueiou M divetal amd Tov 10O

ot)

a'(t)= - —=
(t) 3

H epamrtopévn Tng ypagikig mapdotaong 1n¢ f oto M tépver Tov dgova

X'X oto onueio B. Na Bpeite Tov puBud peTaBoAAS TNG TETUNMEVNG TOU

onueiou B 1n xpovikh oTiyun t,, katd tnv omoia To onueio M éxel

TeTunuévn —1.
Movadeg 8
OEMA A
Aivetar n ouvaptnon f:R - R pe tomo f(X)=e*+x*—ex-1.

A1. Na oamodeigete o1 umdpxer povadiké X, € (0, 1), oto omoio n f
TApoUoIAlel OANKO EAAXIOTO. 2TnN CUVEXEID va aTTodEigeTE OTI
f(x,)=xS-(e+2)x, +e-1.
Movdadeg 7

A2. Na utroAoyioeTe 10 6pIO

fim | —— 4 1
o | 000y + Mlx=x, ) |

6émou X, To onueio Tou epwTthuatog A1 mou n f Tapoudidlelr oAiko
eAaxioTo.

Movdadeg 6

A3. Av X, tival To onueio Tou gpwTipatog A1 mou n f mapouoialder oAiko
ghaxioTto, va amodeigete 611 N e€iowon f(X)+ X=X, yia X € (X,,1) éxel
povadikn pida P.

Movadeg 5

A4. Av X, eival To onueio Tou gpwthpatog A1 mou n f mapouoiader oAiko
eNdyioTo Kkal P e€ival n pida TnNg €gicwong TOoUu egpwThpaTtog A3, va
amodeifete om f(x,) > f(p) (f'(k)+1) yia kade k € (p, 1).

Movdadeg 7
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OAHTIEZ (via Toug s€eTtalopévoug)

210 €EWQUAAO TOoUu TeTpadiou va ypdywete TO efeTtaldouevo péBnua. XTo
EOWQPUAAO TAVW-TTAVW VO CUUTANPWOETE TA ATOMIKA OTOIXEia padOnTh.
ZTnV apXN TWV ATTAVTACEWY C0OG VA YPAWETE TTAVW-TTAVW TNV nuUeEpopnvia
Kal 1o €geTtaldpevo padbnua. Na pnv avriypdypete 1a B€pata oTo TETPADIO
Kal va N ypawete mouBevd aAAoU oT1o TeTpddid cag 1o 6voud 0ag.

Na ypAWeTe TO OVOUOATETIWVUUO O0O¢ OTO TAVW HEPOG TWV QWTOAVTIYPAQWYV
auéowg PHOAIG oag TTapadoBouv. TuXov onUEIWOEI§ 00G TTAVW OoTa BépaTta dev
0a BaBpoAoynbolv oe kapia mepimTwon. Katd tnv amoxwpnorn oag va
TAPAdWOETE Padi e TO TETPADIO KAl TA QWTOAVTiypa@a.

Na aTTavTAoeTe OTO TETPADIO 0ag 0 OAA Ta BépyaTta MOVO PE PTTAE ] poévo
ME HaAUpPO OTUAOG pe pgeAdvi Tou dev ofBnfvel. MoAUBI emiTpéTTeTal, MOVO AV TO
¢nTdEl N EKQWVNON, KAl MOVO YIa TTIVAKEG, DIAYPAMPATA K.ATT.

KdBe ammdvinon €mMIOCTNUOVIKA TEKPNPIWHKEVN €ival ATTODEKTH.

Aldpkera €Eétaong: Tpeig (3) WPEG META TN DIAVOUA TWV QWTOAVTIYPAQWYV.
Xpovog duvathng amoXxwpnong: 10.00 ..

2AZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ
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